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Understanding Density-Based Clustering: A Different
Approach

Everything changed in the mid-1990s. Density-based clustering arrived. K-Means? It forced spherical
clusters around centroids, no questions asked. But density-based algorithms? They found clusters of any
shape by identifying dense regions of points—regions that actually existed in your data, not imaginary
perfect circles.

Key Concept: Understanding this foundational concept is essential for mastering the techniques discussed
in this article.

Why does this matter? Real-world data laughs at perfect circles. Your customer segments form crescents.
Fraud patterns spiral outward. Gene expression data clusters in irregular blobs. Density-based clustering
handles all these shapes. Naturally. Without complaint.

The Core Intuition: Clusters as Dense Neighborhoods

Here's the human intuition behind density-based clustering: clusters are dense regions of points separated
by sparse areas. Simple. Think of cities on a map—dense urban centers form natural clusters, separated by
sparsely populated rural areas. You see it instantly. The algorithm does too.

This approach transforms everything. Centroid-based methods assume spherical clusters. They fail on
elongated shapes. They fail on concave shapes. They fail spectacularly on intertwined shapes. Density-
based clustering makes no shape assumptions whatsoever. It finds crescent moons. It finds winding rivers. It
finds any arbitrary cluster shape that centroid methods would completely miss, standing there confused with

their geometric compasses pointing uselessly in all directions.

Here's the breakthrough advantage: density-based clustering formalizes "noise" as a first-class concept in
the mathematical framework. K-Means forces every point into some cluster. Every. Single. Point. Even clear
outliers that distort your results and ruin your analysis. Density-based algorithms classify isolated points as
noise—they belong to no cluster, and that's perfectly fine.

This acknowledges reality. Real-world data is messy, and not every point belongs to a meaningful group.
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DBSCAN Point Types: Core vs Border vs Noise

- LI Definitions
° ®  Core: | Ne(p)| > min_samples .

Core point

= min_samples in e-neighborhood
% ... Border: in € of a core
= o ‘
ki Border point

within € of a core

® o
Noise: not core, not border —>@ Noise point A
> neither core nor border
Feature 1

Parameters: € (eps), min_samples

Figure: DBSCAN classifies points as core (dense), border (near core), or noise (isolated)

Working Example: DBSCAN Core Concepts in Action

Let's see how DBSCAN handles irregular cluster shapes and identifies noise points. Watch it work.
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import numpy as np

import matplotlib.pyplot as plt

from sklearn.cluster import DBSCAN

from sklearn.datasets import make blobs, make moons, make circles

from sklearn.neighbors import NearestNeighbors

# Generate different types of data to showcase DBSCAN's strengths

np.random.seed (42)

print ("DBSCAN Core Concepts and Advantages")
pElne (V=W & g5)

# Dataset 1: Irregular shaped clusters (moons)

X moons, _ = make moons(n_samples=300, noise=0.1, random state=42)

# Dataset 2: Concentric circles

X circles, = make circles(n_samples=300, noise=0.05, factor=0.6, random state=42)

# Dataset 3: Clusters with noise and outliers

X base, = make blobs(n samples=250, centers=3, cluster std=1.0, random state=42)
# Add outliers

outliers = np.random.uniform(-10, 10, (50, 2))

X olelog = mp.vetaek( X bage, outlices] )

datasets = [
(X moons, "Crescent Moons"),
X _eilreles, YConcemtrie Cireles?),
(X blobs, "Blobs with Outliers")

# DBSCAN parameters
eps = 0.5

min samples = 5

print (£"DBSCAN Parameters:")
print (Y cps (e)s {cesi®)

prime (% @min sempless {iin samples) ™)

for X, name in datasets:
print (f"\nDataset: {name}")
print("-" * 30)

# Apply DBSCAN
dbscan = DBSCAN (eps=eps, min samples=min samples)

clugeer leloels = clogeam.tic prechier (X)
# Analyze results

n_clusters = len(set(cluster labels)) - (1 if -1 in cluster labels else 0)

m Neldee = lige (elustez lLeloals) .coum (=)
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pEint (EYClugters toumel: {(n elugters)’)

print

(

print (f"Noise points: {n noise}")
(f"Core points: {len(dbscan.core sample indices )}")
(

prlme (Y reotal peldmess {lam () V)

# Classify points by type

core samples mask = np.zeros like(cluster labels, dtype=bool)

core samples mask[dbscan.core sample indices ] = True

core points = core samples mask & (cluster labels != -1)
border points = ~core samples mask & (cluster labels != -1)
neilse podmnts = clusgtcer lalbelsg = <1

print (f"Point classification:")

print (f" Core points: {np.sum(core points)}")

prine (7 Borckr podness {(np.sun({vorcEr polmes) ™)
(

prlnE (% Nodlse polntss {np.sun(nelse pedmes) ")

# Demonstrate neighborhood concept
print (f"\nNeighborhood Concept Demonstration")
prime (V=" = 3JIJ)

# Use the moons dataset for visualization

X = X moons

dbscan = DBSCAN (eps=eps, min_ samples=min_ samples)
labels = dbscan.fit predict (X)

# Pick a core point for detailed analysis
cerEe_polnt ilck = cbsean.core semple ilnckiiees [0]

gore pelnt = X[core podme debr]

print (f"Analyzing core point at index {core point idx}")

print (f"Core point coordinates: ({core point[0]:.3f}, {core point[1]:.3f})")

# Find neighbors within eps distance
nbrs = NearestNeighbors (radius=eps) .fit (X)

distances, indices = nbrs.radius neighbors([core point])

n@ighioersg ez = dnciiees[0]

nEilgloors = X[nelghoors iAebr]

print (EYPeilnts in e-neilghnoornoecls {len (neildghloeEs) bY)

prine (EY0ualiltics a8 core points {len(neighbeors) >= min Semples)Y)

# Manual point type classification for illustration

def classify point type(point idx, X, eps, min samples, dbscan labels):
# Find neighbors
point = X[point idx]

distances = np.sqrt(np.sum((X - point)**2, axis=l))
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neighbors mask = distances <= eps

n _neighbors = np.sum(neighbors mask)

# Check if core point
if n neighbors >= min samples:

return "Core"

# Check if border point (neighbor of a core point)

core ilncdilces = g6t (closcan.cors sample ilnchiices )

for neighbor idx in np.where (neighbors mask) [0]:
1 melelloor dckx im corg ilmchilees:

return "Border"

ratuen "NoiliseW

# Classify first few points manually to show logic

print (f"\nManual Point Classification Examples:")

tor i1 dm range (mim (i, Llem(X))) s
point type = classify point type(i, X, eps, min samples, labels)
actual label = "Noise" if labels[i] == -1 else f"Cluster {labels([i]}"
prine (£ PRPodme {d}s {(pPednc typel peilnt, asgignec te {actual lascsl)™)

\

This example reveals DBSCAN's fundamental advantage in three powerful demonstrations: discovering
arbitrary-shaped clusters while identifying noise points with surgical precision. Unlike K-Means, which would
pathetically try to fit circles around crescent moons and concentric circles, DBSCAN handles all three
datasets—moons, circles, and clusters with outliers—with elegant ease. Core points form cluster interiors
with mathematical rigor. Border points form edges where clusters meet the world. Noise points get explicitly
identified as outliers, not forced into clusters where they don't belong. The algorithm's neighborhood
concept, based on the e-radius parameter, determines local density and enables flexible cluster formation
that adapts to your data's actual structure rather than imposing preconceived geometric notions.

DBSCAN's Core Principles: From Intuition to Algorithm

DBSCAN formalized density-based clustering in 1996. Ester, Kriegel, Sander, and Xu created an algorithm.
Not just theory. An actual working algorithm that translates density intuition into concrete steps you can
code, run, and deploy.

The Two Parameters That Control Everything
DBSCAN uses two parameters. Just two. Simple, elegant, powerful.

eps (e): The radius around each point. This defines each point's neighborhood—how far it reaches to find its
friends.
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minPts (min_samples): The minimum points needed in a neighborhood to qualify as "dense." Below this
threshold? Sparse. At or above? Dense.

Every point gets classified. No exceptions. The algorithm assigns one of three types:

Core Point: Has at least minPts points in its e-neighborhood, including itself. These form cluster interiors—
the heart of every cluster you discover.

Border Point: Not a core point, but lies within a core point's neighborhood. These form cluster edges—the
boundaries where your clusters meet the void.

Noise Point: Neither core nor border. These are isolated outliers floating in sparse regions, belonging to
nothing and everything simultaneously.

This classification is the cornerstone. Clusters build exclusively from and around core points. Border points
get swept in, joining the party at the edges. Noise points? The algorithm explicitly identifies them and sets
them aside, refusing to corrupt your clusters with points that don't belong.

How Clusters Form and Grow: The Connectivity Rules

Points classified? Check. Now DBSCAN defines clusters through connectivity rules. These rules describe
how clusters grow, merge, and achieve their final forms.

Directly Density-Reachable: Point q is directly density-reachable from point p if g lives within p's e-
neighborhood and p is a core point. This is the fundamental cluster building block, the atomic unit of cluster
formation. It's an asymmetric relationship that captures a crucial insight: a border point can be directly
density-reachable from a core point, creating the cluster's edge, but the reverse never holds because border
points lack the density to reach outward and claim new territory.

Density-Reachable: Point q is density-reachable from point p if there's a path—imagine stepping stones
across a river—where p,,...,pn connects them, with p,=p and pn=q, and each p,.. is directly density-reachable
from p,. You travel from p to g by stepping from core point to core point through their overlapping
neighborhoods, building a chain of density connections that spans the cluster.

Density-Connected: Points p and g are density-connected if some core point o can reach both of them
through the density-reachability relation. This symmetric relationship forms the ultimate basis for cluster
definition in DBSCAN's mathematical framework: a DBSCAN cluster equals the maximal set of mutually
density-connected points, a beautiful and precise definition that captures exactly what we mean when we
say "this group of points belongs together."

The algorithm's essence distills to this elegant procedure: start with any unassigned core point, then find all
points density-reachable from it through the connectivity graph. This collection forms one complete cluster.
Repeat this expansion process until all core points get assigned to clusters, and you're done.
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The DBSCAN Algorithm Step by Step

Here's how these abstract concepts translate into a working algorithm you can implement:

DBSCAN (Dataset D, epsilon, minPts)

Initialize all points as unvisited
ClusterID = 0

FOR EACH point P in D
IF P is visited THEN CONTINUE

Mark P as visited

Neighbors N = find neighbors (P, epsilon)

Ir |[N] € mimPeg EiN
Mark P as NOISE
ELSE
ClusterID = ClusterID + 1

expand cluster (P, N, ClusterID, epsilon, minPts)

expand cluster (P, N, ClusterID, epsilon, minPts)
Assign P to cluster ClusterID
Queue Q = N

WEILILE @ 18 not GEIMoty
CurrentPoint Q p = Q.pop ()

Iy O P ig neot viglted
Mark Q p as visited
Neighbors N' = find neighbors(Q p, epsilon)

IF |[N'| >= minPts THEN
Q.push(all points in N')

IF Q p is not yet member of any cluster THEN
Aggiem O P te eluster CLlUuSterlD

non

The algorithm scans systematically through your data. Every point gets examined. When it encounters an
unvisited core point, it initiates a new cluster and launches a queue-based expansion process to find all
density-connected points in one sweeping breadth-first search through the density-connectivity graph. This
is effectively graph traversal applied to clustering—you're exploring connected components in a graph where
edges represent density relationships, and the result is a complete, arbitrary-shaped cluster that perfectly
captures the dense region you discovered.
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DBSCAN's elegance lies in its power and simplicity combined: it discovers arbitrarily shaped clusters with a
single pass through the data, provided that neighborhood queries can be performed efficiently using spatial
indexing structures like k-d trees or ball trees. However, this single-pass elegance masks a critical limitation
—DBSCAN's reliance on a single, global setting for eps and minPts introduces a fundamental assumption
that all meaningful clusters within your data exist at a similar density level, and when this assumption breaks
down in real-world datasets with varying cluster densities, the algorithm struggles, fragmenting sparse
clusters while merging dense ones, and this limitation became the primary catalyst for developing its more
sophisticated hierarchical successors that could handle the messy reality of variable-density data.

Working Example: DBSCAN Parameter Tuning and K-Distance Plot

Choosing €: K-Distance Plot + Parameter Effects

K-distance plot Parameter effects (concept)

e °°o : o °o°:o

B ° oe o 9

o] o ®

S g

.g OE,& : %0 .

FT knee = suggestfad € Srall e Large €

e ‘ i clusters merge

. : g

8 ° ° o *9 o

§ @ *® & % 0 : o @

E e’ I e
% @ & - o@ ™ o

sorted points Small min_samples  Large min_samples

k = min_samples — 1 (rule of thumb) more micro-clusters

Figure: K-distance plot reveals optimal eps—look for the elbow where distances jump sharply
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import numpy as np

import matplotlib.pyplot as plt

from sklearn.cluster import DBSCAN

from sklearn.datasets import make blobs

from sklearn.neighbors import NearestNeighbors

from sklearn.metrics import silhouette score

# Generate sample data with varying density clusters

np.random.seed (42)

# Create clusters with different densities

clugieerl = mp.renelm.perned ([2, 2], 0.5, (100, 2)) # Dense cluster

elugcerz = mp.ranclm.nernal ([, Bll, 1.2, (B0, 2)) # Medium density
cluster3 = np.random.normal ([2, 8], 0.8, (60, 2)) # Medium density
cluster4 = np.random.normal ([8, 2], 2.0, (40, 2)) # Sparse cluster

X = np.vstack([clusterl, cluster2, cluster3, cluster4d])

print ("DBSCAN Parameter Tuning Guide")
print ("=" * 29)

# Step 1l: K-distance plot for eps selection
print ("Step 1: K-Distance Plot for eps Selection")
print ("-" * 39)

k =4 # minPts - 1 (rule of thumb: minPts 2 dimensions + 1)

# Find k-nearest neighbors for each point
nbrs = NearestNeighbors (n neighbors=k) .fit (X)
distances, indices = nbrs.kneighbors (X)

# Sort k-distances in ascending order
R eilgeenees = cilgtanees (8, k=1] # Distance to k-th nearest neighbor

k distances = np.sort(k distances)

print (£"Using k = {k} for k-distance plot")
prlne (Y rTocal podncss {lam () %)

print (f"K-distance range: {k distances.min():.3f} to {k distances.max():.3f}")

# Find knee point (elbow) in k-distance plot

# Simple method: largest difference in consecutive distances
diffs = np.diff (k distances)

knee idx = np.argmax(diffs)

knee distance = k distances[knee idx]

print (f"Knee point detected at distance: {knee distance:.3f}")

print (f"Suggested eps: {knee distance:.3f}")

# Step 2: Parameter grid search
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print (f"\nStep 2: Parameter Grid Search")

print ("-" * 206)

eps values = np.arange (0.3, 2.0, 0.1)

min samples values = [3, 4, 5, 6, 8, 10]
best score = -1

best params = {'eps': 0, 'min samples': 0}
results = []

for eps in eps values:
for min samples in min samples values:
dbscan = DBSCAN (eps=eps, min samples=min samples)
labels = dbscan.fit predict (X)

# Skip if only noise or only one cluster
n clugeces = len(set (lakels)) = (1L dif =i dm lgsels alse 0)

n noise = list(labels) .count(-1)

i1 m elusters < 23
silhouette = -1
else:

# Calculate silhouette score (excluding noise points)

mask = labels != -1
if np.sum(mask) > 1:

silhouette = silhouette score(X[mask], labels[mask])
else:

silhouette = -1

results.append ({

'eps': eps,

'min samples': min samples,
'n clusters': n clusters,
'n noise': n noise,

'silhouette': silhouette

b

1E Sllheuctte > best SCeEes
begt seere = Silhouette

best params = {'eps': eps, 'min samples': min samples}

print (f"Best parameters found:")

print (% cpes [begt parems([ 'ees"] g LiE)Y)

prlne (7 mim sempless {(lest perems [ 'mim semples] V)
(

prine (% Sillhouette SceEes (best SceEes 3L Y)
# Step 3: Compare different parameter settings

print (f"\nStep 3: Parameter Impact Analysis")
prlne (P=" ® 3J0)
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test params = [

comparison results = []

for params in test params:

labels = dbscan.fit predict (X)

m elugters = len(set (labels)) = (1 if -1 im lebels else 0)
n noise = list(labels) .count(-1)
n _core = len(dbscan.core sample indices )

print (f"\n{params|['name']}:")

print (f* Clusters: {n clusters}, Noise: {n noilsel, Core points:

comparison results.append ({
'labels': labels,
Ungma' 3 parems [ "neama’ || ,
'params': params

})

print (f"\nKey Parameter Tuning Insights:")

{'eps': 0.5, 'min samples': 4, 'name': 'Conservative (small eps)'},
1'eps’s knee digtencs, "min geamples’s 5, "meme’s "K-cilgtance suggestien'},
{'epas lbegt perems[['eps’], "mim semples’s lbegt perems [ 'mim sSsmples'],
{'eps': 1.5, 'min samples': 3, 'name': 'Liberal (large eps)'}

dbscan = DBSCAN (eps=params['eps'], min samples=params|['min samples'])

print (%Y ecpe={parems['cpa"] 821}, mnin Sempleg={params [ 'min gemples] ]} )

{n core}")

(
print ("- K-distance plot knee suggests eps value for natural density threshold")
print ("- Small eps: conservative clustering, more noise points")
print ("- Large eps: liberal clustering, may merge distinct clusters")
pEine (Y= mln Semples contrels neilsge scm@ltilvitys higher values = mere neise™)
print ("- Grid search with silhouette score helps find optimal balance")

'Best si

This parameter tuning example exposes the critical challenge lurking at DBSCAN's heart: finding appropriate

eps and min_samples values that work for your specific data. The k-distance plot provides a systematic,

principled approach for eps selection by identifying the "knee" in the sorted distance curve—the point where

distances sharply increase, signaling the transition from dense neighborhoods to sparse regions. Grid search

combined with silhouette scoring attacks the problem from another angle, helping you optimize both

parameters simultaneously through exhaustive evaluation. The comparison visualization drives home a

crucial lesson: parameter choices dramatically affect cluster formation and noise identification, transforming

the same dataset into completely different clustering solutions depending on whether you choose

conservative or liberal parameter values.
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HDBSCAN: Solving the Variable Density Problem

DBSCAN represented a leap forward. A significant one. But its dependence on a global density parameter—
that single eps value—made it struggle with datasets containing clusters of varying densities, and real
datasets always contain clusters of varying densities. A single eps value that works perfectly for a dense
cluster will fragment a sparser one into pieces. An eps suitable for the sparse cluster? It erroneously merges
the dense cluster with its neighbors, creating false connections where none exist.

HDBSCAN arrived to solve this problem. Campello, Moulavi, and Sander developed Hierarchical Density-
Based Spatial Clustering of Applications with Noise to overcome this fundamental limitation, and they did it
by transforming DBSCAN into a hierarchical algorithm that explores all possible density levels
simultaneously, extracting the most stable and persistent clusters from the entire hierarchy. This section

breaks down the elegant, multi-stage process that powers HDBSCAN's remarkable ability to handle variable-
density data.

HDBSCAN: Variable-Density Clustering Pipeline

1 No global € needed
. — explores all

| density levels

Core Mutua]I. Minimgm Hierarchy / Stability Final
distance reachability Spanning dendrogram selection clusters
Input distance Tree (MST) + hoise

Distance

data 9 9 9 é 9 é S
X core(p) = drreach-k(a, b) = extract o @
distance to max(core(a), persistent Q g
k-th neighbor corey(b), ' clusters @
d(a,b))

hdbscan.HDBSCAN(min_cluster_size,, min_samples)

Figure: HDBSCAN's multi-stage pipeline transforms local density estimates into stable cluster extraction

From Global to Local: Core Distance

The first conceptual shift in HDBSCAN abandons the global eps parameter entirely. No more single
threshold. Instead of asking whether a point's neighborhood meets a single density threshold applied
uniformly across the entire dataset, HDBSCAN estimates the local density at every single point, creating a
density landscape that varies naturally across your data's structure.
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This gets achieved through core distance. Given a hyperparameter k—set by min_samples in the
implementation and analogous to DBSCAN's minPts—the core distance of a point p, denoted as core_k(p), is
simply the distance from p to its k-th nearest neighbor.

This definition, almost trivial in its simplicity, provides a continuous measure of local density that transforms
everything. A point located deep within a dense region has a very small core distance because it doesn't
have to reach far to find k neighbors—they're right there, packed tightly around it. Conversely, a point in a
sparse region has a large core distance, needing to reach far into the emptiness to gather k neighbors. This
value estimates local density directly, where density is inversely proportional to the core distance—small
distance equals high density, large distance equals low density.

Transforming the Space: Mutual Reachability Distance

To make the subsequent clustering process robust against noise and sensitive to these local density
estimates, HDBSCAN introduces a new distance metric. It's called mutual reachability distance. This metric
cleverly incorporates the core distances of two points along with their standard geometric distance, creating
a smoothed distance that respects local density variations.

The mathematical formulation for the mutual reachability distance between two points, a and b, is:
d_mreach-k(a,b) = max(core_k(a), core_k(b), d(a,b))
where d(a,b) is the original metric distance—typically Euclidean—between a and b.

This transformation produces powerful and intuitive effects. Consider two points, a and b, and watch what
happens:

Dense regions stay connected: If both a and b live in a dense region, their core distances are small. As
long as the distance between them, d(a,b), exceeds their core distances, their mutual reachability distance
equals their original distance. The geometry of dense regions gets preserved—clusters remain intact, their
internal structure maintained.

Sparse points get pushed away: If one point, say a, lives in a sparse region, its core distance core_k(a) is
large—it had to reach far to find k neighbors. The mutual reachability distance between a and any other point
b now must be at least core_k(a), often much larger than their original distance. This effectively pushes
sparse points away from all other points in this transformed space, making sparse regions even sparser and
breaking false connections.

This "repelling effect" delivers crucial robustness against noise corruption. It makes it much harder for
isolated noise points to form tenuous bridges between genuine clusters, the kind of spurious connections
that plague simpler algorithms like single-linkage clustering, where a single chain of outliers can incorrectly
merge completely separate clusters into one massive, meaningless blob.
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Building the Hierarchy: Minimum Spanning Tree

With mutual reachability distance transforming the space, HDBSCAN constructs a graph. Every point
becomes a node. Edges connect all pairs of points, weighted by their mutual reachability distance. This
complete graph captures all possible connections at all possible density levels.

Computing a Minimum Spanning Tree on this graph extracts the essential structure. The MST preserves the
connectivity information we need while dramatically reducing complexity—instead of considering all O(n?)
pairwise distances, we work with just n-1 edges that capture the complete hierarchical clustering structure.
This MST becomes the foundation for everything that follows.

The MST edges, sorted by weight, reveal the hierarchy. Start with all points as separate clusters. Process
edges in order of increasing weight. Each edge connection represents a potential cluster merger at a
specific density level. This builds a complete dendrogram—a hierarchical tree showing all possible clustering
solutions at all density thresholds simultaneously.

Extracting Clusters: Stability Selection

The dendrogram contains every possible clustering. But which clusters should you extract? HDBSCAN uses
stability—a measure of how persistent a cluster remains as you vary the density threshold.

For each potential cluster in the hierarchy, HDBSCAN calculates stability by measuring the cluster's lifetime
across density levels. Stable clusters persist across many density thresholds. Unstable clusters appear
briefly and vanish, likely random fluctuations rather than meaningful structure.

The algorithm selects the set of clusters that maximizes total stability, subject to the constraint that clusters
cannot overlap—each point belongs to at most one cluster. This optimization produces the final clustering:
the most persistent, stable structures in your data, automatically selected from the entire hierarchy without

requiring you to specify a density threshold in advance.
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HDBSCAN Cluster Stability (Persistence)

Higher = persists
across density levels

stability / persistence

cluster id

Useful confidence signal

Figure: Cluster stability measures persistence across density levels—stable clusters survive longer

Working Example: HDBSCAN on Variable-Density Data

DBSCAN vs HDBSCAN: Variable Density Challenge

Dataset (variable density) DBSCAN (single €) HDBSCAN
& tuned for dense

o,
L] [ ] ...‘ L ]
e 9% o °é® °
00y %
..o.
L .

€ tuned for sparse merged

: a}%%

merged

Figure: DBSCAN vs HDBSCAN on variable-density data—HDBSCAN handles varying densities gracefully
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import numpy as np
import matplotlib.pyplot as plt
from sklearn.datasets import make blobs

import hdbscan

# Generate variable-density clusters

np.random.seed (42)

# Very dense cluster

cEnEgE Elister = @np.rameem.neEnal ([0, @], 0.3, (200, 2))

# Medium density cluster

meekltin @LiSter = P remelm.neEnal ([5, 3, 0.8, (150, 2))

# Sparse cluster

sparse cluster = np.random.normal ([0, 5], 1.5, (100, 2))

# Add noise points

noise = np.random.uniform(-3, 8, (30, 2))

# Combine all data
X = np.vstack([dense cluster, medium cluster, sparse cluster, noise])

print ("HDBSCAN Variable-Density Clustering")
print ("=" * 306)
prine (EYreotal pelmess {leam () %)

(

(

(
prine (EYDenge clusters [(len(dcnse eluster) | polnts, ste=l.3Y)
print (f"Medium cluster: {len(medium cluster)} points, std=0.8")
print (f"Sparse cluster: {len(sparse cluster)} points, std=1.5")

(

prElnt (EYNelse pednts: {lem (helsa) }Y)

# Apply HDBSCAN
clusterer = hdbscan.HDBSCAN (min cluster size=30, min samples=10)

labels = clusterer.fit predict (X)

# Analyze results
m elugters = len(sce (labvals))) = (1L di —1 im leeels else )
n noise = list(labels) .count(-1)

print (£"\nHDBSCAN Results:")
prilne (EYClugeers founc? {(m clusteEs) ™)

print (f"Noise points identified: {n noise}")

# Examine cluster properties

ter eluster del dn get (labels) s

if cluster_id == -1:

continue
cluster mask = labels == cluster id
clugcer pelnes = X(cluster masic]
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clugeer gize = lon (Cluster Polnts)
cluster center = CLUuSter peilnts.mean (asig=0)

clugter Std = cluster PEINES.std (arlig=0) maam ()

prdat (EY\nCluster [elugter iel)s™)
print (%Y Sizes {(cluster Size) pPolnts™)

7 Cemeery ({(cluster ecenter[0]s.2£), [cluster cemter([l] s 2E})T)

(
(
eIl (
(

prine (7 Averege Stcs {eluster stels 2L W)

# Compare with DBSCAN on same data
from sklearn.cluster import DBSCAN

print (f"\n\nComparison: DBSCAN vs HDBSCAN")
prine (V=Y © 33)

# Try DBSCAN with eps optimized for dense cluster

dbscan _dense = DBSCAN (eps=0.5, min samples=10)

labels dense = dbscan _dense.fit predict (X)

n clusters dense = len(set (labels dense)) = (1 if =1 dn labelisi densel elise 0)

m_neilge cdemse = lige(lebals danse) .coumt (=1)

print (£"\nDBSCAN (eps=0.5, optimized for dense cluster):")
print (% Clusterss {(n clusters cengsl ')
print (7 Neidses (B neoise demse)?)

(

print (f" Problem: Sparse cluster likely fragmented")

# Try DBSCAN with eps optimized for sparse cluster

dbscan sparse = DBSCAN(eps=2.0, min samples=10)

labels sparse = dbscan sparse.fit predict (X)

n clusters sparse = len(set (labels sparse)) - (1 if -1 in labels sparse else 0)

m NELgE gparse = Ligt (labels Sparse) .count (=)

print (£"\nDBSCAN (eps=2.0, optimized for sparse cluster):")
print (f" Clusters: {n_clusters sparse}")

print (f" ©Noise: {n noise sparse}")

(
(
(
print (f" Problem: Dense clusters likely merged")

print (£"\nHDBSCAN (no eps parameter needed):")

PELnE

(

print (f" Clusters: {n_clusters}")
(f" Noise: {n noise}")
(

print (f" Advantage: Handles all density levels simultaneously")

# Examine cluster stability scores

prlne (EY \n\nCluster Stabillity Analysiss?)

print("-" * 27)

ter clugter dc in rance (@ elustees) s
# Get persistence (lifetime) of each cluster
stability = clusterer.cluster persistence [cluster id]
prine (E7Clugter {cluster icl) stabidlitys {(steloillitys.4E)™)
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print (EYV\nStability Insighats®)

(
print ("- Higher stability = more persistent across density levels")
print ("- HDBSCAN selects clusters that maximize total stability")
print ("- This automatic selection removes need for eps tuning")

This example demonstrates HDBSCAN's breakthrough capability: simultaneously handling clusters with
dramatically different densities—a very dense cluster with standard deviation 0.3, a medium-density cluster
at 0.8, and a sparse cluster at 1.5, all in the same dataset. DBSCAN fails this challenge spectacularly: an eps
value optimized for the dense cluster fragments the sparse one into pieces, while an eps optimized for the
sparse cluster erroneously merges the dense clusters together. HDBSCAN needs no eps parameter and
discovers all three clusters correctly by exploring the entire density hierarchy and selecting the most stable
structures. The stability scores quantify cluster persistence across density levels, providing interpretable
confidence measures for each discovered cluster that help you understand which structures are robust
findings versus which might be artifacts of parameter choices.

Real-World Applications: Where HDBSCAN Shines

The theoretical elegance and practical robustness of HDBSCAN have driven its adoption across diverse
domains. Its ability to identify arbitrarily shaped clusters, handle noise with grace, and adapt to varying
densities makes it powerful for unsupervised pattern recognition and anomaly detection in real-world
scenarios where data never behaves nicely.

Case Study 1: Financial Fraud Detection

Problem: Credit card fraud detection presents a classic machine learning challenge characterized by
extreme imbalance. Fraudulent transactions are rare. Extremely rare compared to legitimate ones. The goal
is identifying these rare fraudulent events without a large corpus of labeled examples, without supervised
learning saving you from the hard work of pattern discovery.

Data and Preprocessing: A common public dataset for this task is the Kaggle Credit Card Fraud Dataset,
containing transactions over two days. A standard workflow involves several critical preprocessing steps that
transform raw transaction data into a form where clustering can reveal hidden patterns:

Feature Scaling standardizes variables like transaction amounts and timestamps to ensure equal contribution
to distance calculations, preventing large-magnitude features from dominating clustering decisions through
sheer numerical scale rather than actual importance. Handling Imbalance employs techniques like SMOTE—
Synthetic Minority Over-sampling Technique—to create more balanced datasets for analysis, preventing
legitimate transactions from overwhelming fraud detection through their massive numerical dominance,
which would render any clustering approach useless by burying fraud signals in an ocean of normal behavior.
Dimensionality Reduction becomes crucial for high-dimensional transaction data, with UMAP—Uniform
Manifold Approximation and Projection—projecting data into lower-dimensional spaces, typically 2D to 5D

Page 19 of 26



representations, while preserving both local and global structure through sophisticated manifold learning,
creating spaces where density concepts become meaningful and clustering proves effective at separating
normal from fraudulent transaction patterns.

Application and Tuning: HDBSCAN gets applied to the low-dimensional UMAP embedding where the true
structure lives. The clusters it discovers represent common patterns of legitimate transaction behavior—the
normal modes of customer activity. The points classified as noise, the outliers that don't fit any cluster, get
flagged as potentially fraudulent transactions deserving human review. Hyperparameter tuning focuses on
adjusting min_cluster_size and min_samples to maximize relevant evaluation metrics like the Area Under the
ROC Curve, which is appropriate for imbalanced classification problems where accuracy would be
misleading.

Outcome: A published study combining SMOTE, UMAP, and HDBSCAN showed high efficacy in fraud
detection. The model successfully identified suspicious groups of transactions, and with tuned parameters—
min_cluster_size=211 and min_samples=110, values determined through careful cross-validation—achieved
an AUC score of 86%, a strong result for unsupervised anomaly detection. This highlights a powerful pattern
in modern machine learning: HDBSCAN is not a standalone tool but the final, powerful clustering component
in a sophisticated pipeline that includes preprocessing, dimensionality reduction, and careful parameter
tuning, each step amplifying the effectiveness of the next.

Case Study 2: Genomic Data Analysis

Problem: Single-cell RNA sequencing generates high-dimensional gene expression profiles for thousands of
individual cells. The challenge is identifying distinct cell types and subtypes from this data, discovering the
natural groupings that correspond to biological cell populations without prior knowledge of how many types
exist or what their defining characteristics are.

Data and Preprocessing: Gene expression matrices start enormous—often thousands of genes measured
per cell. Preprocessing reduces this complexity: filtering low-expression genes, normalizing for sequencing
depth differences between cells, and applying dimensionality reduction through PCA followed by more
sophisticated methods like t-SNE or UMAP that preserve the manifold structure where cell types separate.

Application and Tuning: HDBSCAN clusters cells in the reduced-dimensional space. Unlike K-Means, which
forces you to specify the number of cell types in advance—information you don't have—HDBSCAN discovers
cell populations automatically. It handles the reality that some cell types are common and tightly clustered
while others are rare and more dispersed. It identifies transitional cells between states as noise rather than
forcing them into discrete categories, acknowledging that biology exists on a continuum.

Outcome: Researchers using HDBSCAN on single-cell data have successfully identified novel cell subtypes
missed by traditional clustering methods, discovered rare cell populations comprising less than 1% of
samples, and mapped developmental trajectories by analyzing the noise points as potential transitional
states. The variable-density handling proves crucial because common cell types form dense, tight clusters
while rare populations form sparse, dispersed groups—exactly the scenario where DBSCAN fails and
HDBSCAN excels.
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Case Study 3: Cybersecurity Threat Detection

Problem: Network traffic analysis requires identifying anomalous behavior patterns that might indicate
security threats. Normal traffic exhibits various patterns depending on time of day, user behavior, and
application types. Threats appear as rare, unusual patterns that don't fit established clusters of normal
behavior.

Data and Preprocessing: Network logs provide features like packet sizes, connection durations, ports,
protocols, and temporal patterns. Feature engineering creates derived metrics capturing connection
patterns, traffic volumes, and communication graphs. Normalization and scaling ensure different feature
types contribute appropriately to distance calculations.

Application and Tuning: HDBSCAN clusters normal traffic patterns into distinct behavioral groups—web
browsing, streaming, file transfers, database queries, each forming its own cluster at its natural density level.
Potential threats appear as noise points or form small, anomalous clusters of coordinated attack traffic. The
algorithm's ability to handle varying densities proves essential because different types of normal traffic have
different inherent densities—high-volume web traffic is dense, while legitimate but rare administrative
actions are sparse.

Outcome: Security teams using HDBSCAN report improved threat detection with fewer false positives
compared to traditional anomaly detection methods. The algorithm successfully identifies coordinated
attacks involving multiple compromised machines, detects low-and-slow attacks that evade rate-based
detection, and adapts to evolving normal behavior without requiring constant retraining, because the
hierarchical approach naturally adjusts to gradual shifts in traffic patterns while still flagging sudden
anomalies as potential threats.

Strengths and Limitations: When to Use HDBSCAN

Important Consideration: While this approach offers significant benefits, it's crucial to understand its
limitations and potential challenges as outlined in this section.

No algorithm solves everything. Deep understanding requires critical assessment of capabilities and
boundaries. The DBSCAN family of algorithms, including its powerful hierarchical evolution in HDBSCAN,
offers distinct advantages rooted in its density-based philosophy. These same principles also create specific
limitations and challenges you must understand before deploying these methods in production systems.

The Strengths: Why Choose Density-Based Clustering

The primary advantages of density-based clustering stem from minimal assumptions about data structure.
Other algorithms impose constraints. Density-based methods simply look for dense regions. That's it.
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Discovery of Arbitrary Cluster Shapes: This is the hallmark feature. The defining characteristic. By
defining clusters based on local connectivity rather than global shape constraints, these algorithms identify
clusters that are concave, elongated, or otherwise non-globular—shapes that centroid-based methods like
K-Means cannot possibly discover because they're fundamentally biased towards spherical clusters, their
mathematical foundation built on minimizing variance from central points, which inherently favors round,
compact groupings.

Robustness to Noise and Outliers: The explicit inclusion of a "noise" category is a major strength. A game-
changer. Real-world data is rarely clean, and the ability to identify and isolate points that don't belong to any
coherent group prevents outliers from distorting identified clusters, making the resulting clusters more
robust and their characterizations more accurate, more reliable for downstream analysis and decision-
making.

No Need to Pre-specify the Number of Clusters: Forcing you to choose the number of clusters, k, in
advance is a significant limitation of algorithms like K-Means, especially in exploratory data analysis where k
is fundamentally unknown because you're trying to discover structure you don't yet understand. DBSCAN
and HDBSCAN infer the number of clusters directly from the data's density structure—a more data-driven
and objective approach that lets your data speak rather than imposing your preconceptions.

Handling of Variable-Density Clusters (HDBSCAN): This is the key advancement of HDBSCAN over its
predecessor, the breakthrough that elevates it from a useful tool to an essential one. By exploring all density
levels through its hierarchical approach, HDBSCAN successfully identifies a very dense cluster and a very
sparse cluster in the same analysis run, in the same dataset, without requiring you to choose between them.
DBSCAN, with its single global eps parameter, inevitably fails in such scenarios—no single eps value can
work for both dense and sparse clusters simultaneously, forcing you to choose which clusters matter more, a
choice that often means missing important structure entirely.

The Limitations: Where Density-Based Clustering Struggles

The strengths of density-based clustering come with inherent challenges. Trade-offs. Every algorithmic
choice excludes something.

The "Curse of Dimensionality": This is the most significant weakness for all distance-based algorithms,
including HDBSCAN, a fundamental mathematical reality that cannot be engineered away. In high-
dimensional spaces, the distance between any two points converges towards uniformity—everything
becomes roughly equidistant from everything else in a phenomenon that's both counterintuitive and
mathematically proven. This "flattening" of the distance landscape makes the concept of a local
neighborhood and, by extension, density, less meaningful and eventually meaningless. The core distance
estimates become less discriminative, losing their ability to separate points by local density. The algorithm's
ability to separate dense from sparse regions degrades severely, and above certain dimensionality
thresholds—typically around 15-20 dimensions depending on your data—the algorithm produces
increasingly unreliable results.

Page 22 of 26



Computational Complexity: The naive, worst-case time complexity of DBSCAN is O(n?) due to the need for
pairwise distance calculations or neighborhood queries for every point in your dataset, which means
doubling your data quadruples computation time, making the algorithm impractical for extremely large
datasets without optimization. Spatial indexing structures like k-d trees or R*-trees accelerate this to an
average case of O(n log n) in low dimensions, a substantial improvement that makes the algorithm practical
for moderately sized datasets. Highly optimized HDBSCAN implementations also achieve average-case
complexity of O(n log n) through efficient MST construction. However, the worst-case remains quadratic,
and for extremely large datasets—millions of points or more—this can be significantly slower than linear-time
algorithms like K-Means or its mini-batch variants, requiring careful consideration of whether the added
clustering quality justifies the increased computation time.

Parameter Sensitivity: HDBSCAN is more robust than DBSCAN, requiring less tuning and making fewer
assumptions. But it's not parameter-free. The choice of min_cluster_size and min_samples significantly
alters the final clustering. An inappropriate min_cluster_size can lead to the merging of valid clusters into
one large cluster, losing important distinctions, or the fragmentation of larger ones into many small pieces,
creating artificial divisions where none exist. Similarly, the choice of the metric parameter is absolutely
critical—using Euclidean distance on unscaled, heterogeneous features produces meaningless results
because features with large numerical ranges dominate distance calculations regardless of their actual
importance, and using inappropriate distance metrics for your data type, like Euclidean distance on
categorical data, fundamentally breaks the algorithm's mathematical assumptions.

Interpretability Challenges: While density-based clustering produces results that can be more accurate
than other methods, explaining why a particular point was classified as noise versus border versus core, or
why certain points ended up in the same cluster, can be challenging for stakeholders without technical
backgrounds. The hierarchical nature of HDBSCAN and its stability-based selection, while mathematically
principled, can be difficult to communicate to non-technical audiences who might better understand the
simpler, if less accurate, "nearest to centroid" logic of K-Means.

Decision Framework: When to Choose HDBSCAN
Use HDBSCAN when you have these characteristics in your problem:

Non-globular clusters: Your data forms irregular shapes, crescents, spirals, or other non-spherical patterns
visible in exploratory visualizations.

Variable density: Different clusters have different densities, or clusters have varying density within
themselves, core regions tighter than edges.

Unknown cluster count: You don't know how many clusters exist, and you want the algorithm to discover
this from data rather than imposing your assumptions.

Noise is expected: Your data contains outliers that should be identified rather than forced into clusters, with
noise points carrying meaningful information as anomalies.
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Moderate dimensionality: Your data has fewer than 15-20 dimensions, or you can reduce dimensionality
through PCA, UMAP, or domain-specific feature engineering before clustering.

Consider alternatives when you face extreme high dimensionality that cannot be reduced, need linear-time
performance on massive datasets where computation time dominates concerns, require easily interpretable
results for non-technical stakeholders, or have data where spherical clusters are actually appropriate
because your features are already well-scaled measurements of similar quantities around natural centers.

Conclusion

Best Practice: Following these recommended practices will help you achieve optimal results and avoid
common pitfalls.

From its inception as a novel method for discovering arbitrarily shaped clusters in spatial databases, the
density-based paradigm has evolved into one of the most powerful and versatile frameworks in
unsupervised learning. The journey from DBSCAN to HDBSCAN reveals a clear and principled progression of
algorithmic refinement, each step addressing fundamental limitations while preserving core strengths, a
progression that demonstrates how theoretical insight can transform into practical tools that solve real
problems in production systems deployed across industries worldwide.

DBSCAN's introduction of density-based reachability and its formal concept of "noise" marked a
fundamental departure from the partitioning-centric view of earlier methods that forced every point into
some cluster regardless of whether that assignment made sense. This conceptual breakthrough—that not all
points must belong to clusters, that noise is a natural category deserving explicit recognition—revolutionized
how we think about unsupervised learning. However, DBSCAN's reliance on a single, global density
parameter represented a critical limitation, tethering its effectiveness to an assumption of uniform cluster
density that real-world data violates with gleeful abandon, producing spectacular failures on variable-density
datasets where a single eps parameter simply cannot work for all clusters simultaneously.

HDBSCAN systematically dismantles this limitation through elegant mathematical innovation. By
transforming the problem into a hierarchical one, it explores all possible density levels simultaneously,
extracting the best structures from the entire hierarchy rather than committing to one density threshold.
Through a sophisticated pipeline—estimating local density with core distance, robustly transforming the
feature space with mutual reachability distance, building an efficient connectivity graph via a Minimum
Spanning Tree, and extracting the most persistent structures using a stability measure that quantifies cluster
quality across density levels—HDBSCAN delivers a solution that's not only robust to variable densities but
also more automated and less sensitive to hyperparameters, requiring less manual tuning while producing
better results on challenging datasets.

The practical success of HDBSCAN, evidenced by its widespread application in fields as diverse as financial
fraud detection, bioinformatics, remote sensing, cybersecurity, and beyond, testifies to its utility in solving
real problems that matter. Its role as a key component in modern machine learning pipelines, particularly in
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tandem with non-linear dimensionality reduction techniques like UMAP that project high-dimensional data
into spaces where density concepts work, underscores its relevance in an era of complex, high-dimensional
data where traditional methods fail and new approaches must handle the messy reality of data that doesn't
conform to textbook assumptions.

Recent advancements continue pushing the boundaries of what's possible with density-based clustering.
Researchers focus on unprecedented scalability through GPU acceleration that parallelizes neighborhood
queries and MST construction, distributed computing frameworks that partition datasets across clusters for
massive-scale analysis, and adaptive methods for dynamic, streaming data where clusters evolve over time
and the algorithm must update its understanding without reprocessing everything from scratch. The
development of more sophisticated evaluation metrics that align with the algorithm's core principles—
metrics that account for arbitrary cluster shapes, variable densities, and explicit noise categories rather than
assuming globular clusters and forcing all points into groups—signals a maturing understanding of how to
properly validate and deploy these powerful tools in production environments where results must be both
accurate and defensible.

Ultimately, the evolution from DBSCAN to HDBSCAN is more than just an algorithmic improvement, more
than a technical refinement published in academic journals and cited in papers—it's a powerful
demonstration of how a clear, intuitive concept, the simple idea that clusters are regions of high density
separated by sparse areas, can be progressively formalized and refined through rigorous mathematical
analysis to create robust, practical, and insightful tools for data discovery that work on messy real-world
data, handle edge cases gracefully, and provide interpretable results that drive decisions in domains where
getting clustering right matters for business outcomes, scientific discoveries, and security threats, making
the difference between insight and confusion, between finding meaningful patterns and drowning in noise.
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